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1 Introduction

Value-at-Risk (VaR) is a statistical measure of the maximum potential loss of a portfolio
of instruments over a given time horizon and a given confidence level in a normal market
environment. It is commonly used to evaluate or measure risk for trading portfolios. VaR
is a function of the time horizon and the confidence level. In the local banking industry,
the VaR of a trading portfolio is usually reported daily at a 99% confidence level and for a
time horizon from 1 day to 10 days. Moreover, there are multiple methods of computing
for the VaR such as the delta-normal approach (or variance-covariance approach), the
historical approach, and the Monte Carlo simulation approach. The delta-normal ap-
proach and historical simulation approach are more commonly used by local banks. The
delta-normal approach assumes that the returns of risk factors follow a normal distribu-
tion with a mean of 0 and a standard deviation estimated from historical data. In the
historical simulation approach, the returns are assumed to replicate historical returns.
Additionally, the Monte Carlo simulation approach is not as commonly used since it gen-
erates random numbers from the distribution of the risk factors to obtain possible values
of the change in the value of the portfolio.

Mathematically, VaR describes the quantile of the distribution of the change in the value
of a portfolio, both gains and losses, over a time horizon. Suppose the time horizon is T
days and the confidence level is (100c)%, where c ∈ [0, 1]. If ∆V = VT − V0 is the change
in the value of the portfolio over the next T days, then the T -day (100c)% VaR is the
absolute value of the 100(1− c)th percentile of the distribution of ∆V . Denoting |X| as
the VaR,

P (∆V ≥ X) = c.

It is worth noting that since the value of VT is unknown today, ∆V is considered a
random variable. Additionally, VaR is consistently reported as a positive number within
and across portfolios.

2 VaR for FX Spot Portfolio

2.1 Conceptual Discussion

2.1.1 Single-Asset Portfolio

Consider an FX spot position in L units of the base currency with a specified quote
currency. Let x0 be the exchange rate as of position date (today) from the base currency
to the quote currency. The value of the FX spot position today in terms of the quote
currency is

V0 = ω · L · x0,

where ω = 1 indicates a long position for the base currency while ω = −1 indicates a
short position for the base currency.

The value of the FX spot position tomorrow is then

V1 = ω · L · x1,
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where x1 is the exchange rate tomorrow from the base currency to the quote currency.
The value of V1 is unknown today since the exchange rate tomorrow is unknown.

Thus, the change in the value of the FX spot position is

∆V = V1 − V0

= ω · L · (x1 − x0)

= ω · L · x0 ·
x1 − x0

x0

,

where
x1 − x0

x0

is the percentage return. Furthermore, using Taylor’s series expansion,

x1 − x0

x0

≈ ln

(
x1

x0

)
.

Let R = ln

(
x1

x0

)
. ∆V can then be written as

∆V = ω · L · x0 ·R.

Therefore, VaR can be obtained from ∆V , where its distribution is dependent on the
distribution of R. In order to obtain the distribution of R, historical data are considered.

Let yj be the exchange rate from the base currency to the quote currency j days ago
where j = 0, 1, . . . , N . In the delta-normal approach, the return R is assumed to be
normally distributed R ∼ N (0, σ2), where σ is the standard deviation of the historical
returns {Rj}. Rj is the continuously compounded return obtained from the exchange

rates j days and j + 1 days ago, where Rj = ln

(
yj
yj+1

)
. Suppose ω = 1. Denote the

1-day 99% VaR by |X|.

P(∆V ≥ X) = 0.99

P(ω · L · x0 ·R ≥ X) = 0.99

P
(
R

σ
≥ X

ω · L · x0 · σ

)
= 0.99

P
(
R

σ
≤ X

ω · L · x0 · σ

)
= 0.01

F

(
X

ω · L · x0 · σ

)
= 0.01,

where F (·) is the cumulative distribution function (cdf) of the standard normal distribu-
tion. Thus, the 1-day 99% VaR is

X = ω · L · x0 · σ · F−1(0.01)

|X| = L · x0 · σ · F−1(0.99).

By the symmetry of the normal distribution, the same formula holds when ω = −1.
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2.1.2 Multi-Asset Portfolio

The Value-at-Risk of a portfolio can be obtained in two ways: the undiversified VaR and
the diversified VaR. First, the undiversified VaR of a portfolio is calculated by simply
adding the individual VaR amounts of each of the asset in the portfolio. Mathematically,

VaRPortfolio =
n∑

i=1

VaRi,

where VaRi is the VaR of the ith asset in the portfolio. However, this method does not
take into consideration the correlation of the risk factors of the different assets in the
portfolio.

On the other hand, the diversified VaR of a portfolio considers the correlation of the risk
factors of the different assets in the portfolio to reflect the benefits of diversification. The
latter is always less than or equal to the undiversified VaR. In practice, banks calculate
for both the undiversified and diversified VaR.

Consider a portfolio of FX spot positions in Li units of the ith base currency where
i = 1, 2, . . . , n. Let xi,0 be the exchange rate as of position date (today) from the ith base
currency to the quote currency and ωi indicate the (long/short) position for the ith base
currency. The value of the portfolio today is

V0 =
n∑

i=1

ωi · Li · xi,0.

The value of the portfolio tomorrow is then

V1 =
n∑

i=1

ωi · Li · xi,1,

where xi,1 is the exchange rate tomorrow from the ith base currency to the quote cur-
rency. Similarly, the value of V1 is unknown today since the exchange rates tomorrow are
unknown.

Thus, the change in the value of the portfolio is

∆V = V1 − V0

=
n∑

i=1

ωi · Li · (xi,1 − xi,0)

=
n∑

i=1

ωi · Li · xi,0 ·
xi,1 − xi,0

xi,0

≈
n∑

i=1

δi ·Ri,

where δi = ωi · Li · xi,0 and Ri = ln

(
xi,1

xi,0

)
.
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Let yi,j be the exchange rate from the ith base currency to the quote currency j days ago
where j = 0, 1, . . . , N . Ri is assumed to be normally distributed Ri ∼ N (0, σ2

i ), where

σi is the standard deviation of the historical returns {Ri,j}, where Ri,j = ln

(
yi,j
yi,j+1

)
.

Additionally, let ρi,i′ be the correlation between the sets {Ri,j} and {Ri′,j}. Since ∆V
is the sum of normally distributed random variables, then it is also normally distributed
with mean 0 and standard deviation given by

σ =
√
WSW T

=

√√√√ n∑
i=1

(δi · σi)
2 + 2

∑
i<i′

δi · δi′ · σi · σi′ · ρi,i′ ,

where W = [δ1, δ2, . . . , δn] and S = [Covi,i′ ] is the covariance matrix.

Hence, the 1-day 99% VaR, denoted by |X|, is given by

P (∆V ≥ X) = 0.99

P
(
∆V

σ
≥ X

σ

)
= 0.99

P
(
∆V

σ
≤ X

σ

)
= 0.01

F

(
X

σ

)
= 0.01

X = σ · F−1 (0.01)

|X| = σ · F−1 (0.99) ,

where F (·) is the cumulative distribution function (cdf) of the standard normal distri-
bution.

2.1.3 Exponentially Weighted Moving Average Model (EWMA) Model for
Volatility

As an alternative, the standard deviation and correlations under the delta-normal ap-
proach can be calculated by the exponentially weighted moving average (EWMA) model.
For a random variable X with sample values x1, x2, . . . , xN and mean 0, the standard
deviation σ of the sample is given by

σ =

√√√√ 1

N − 1

N∑
j=1

x2
j .

Replacing N − 1 in the denominator by N , σ =

√√√√ 1

N

N∑
j=1

x2
j . This says that the standard

deviation estimates the volatility of X by giving equal weights to all x2
j .
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Suppose that x1, x2, . . . , xN are assigned subscripts according to time with x1 representing
the most recent data. Thus, if X represents return, then xj corresponds to the return
using the rates j days and j+1 days ago. In the EWMA model, the volatility is estimated
by giving higher weights to more recent data. Hence, the volatility υ is given by

υ =

√√√√ N∑
j=1

αj · x2
j ,

where αj is positive and corresponds to the weight given to x2
j , αj > αj′ when j > j′, and

the sum of all the weights is
N∑
j=1

αj = 1. The weights αj for j = 1, 2, . . . , N , are given by

αj = (1− λ)λj−1,

where λ ∈ (0, 1) is the decay factor. Note that
N∑
j=1

αj = 1 − λN , and when N is large,

λN ≈ 0. The decay factor is also determined based on the chosen half-life, which is the

exponent t such that λt =
1

2
.

Furthermore, suppose that there are two random variables X and Y with sample values
of xj and yj, respectively, indexed by time where j = 1, 2, . . . , N . If X and Y both have
mean 0, then the covariance of X and Y is given by

Cov (X, Y ) =
1

N

N∑
j=1

xj · yj.

Applying the EWMA model where the equal weights can be replaced with decreasing
weights, the covariance of X and Y can be written as

CovEWMA (X, Y ) =
N∑
j=1

(1− λ)λj−1 · xj · yj.

To illustrate, consider the half-life of 26 weeks (half year), which is equivalent to 130 days
assuming 260 trading days or 52 weeks in a year. Then, λ130 = 0.5 so that

λ = exp

(
ln(0.5)

130

)
≈ 0.994682.

Thus, the volatility υ can be estimated by

υ =

√√√√ N∑
j=1

(1− 0.994682)(0.994682)j−1 · x2
j .

Moreover, the covariance of X and Y by the EWMA model is given by

CovEWMA (X, Y ) =
N∑
j=1

(1− 0.994682) (0.994682)j−1 · xj · yj.

The volatility υ, covariance CovEWMA, and λ can be used to compute for the VaR of a
portfolio.
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2.2 Assumptions

The following assumptions are made in the calculation of the 1-day 99% undiversified
and diversified VaR for an FX spot portfolio:

1. For consistency, the portfolio consists of four base currencies which are Japanese
Yen (JPY), Euro (EUR), Australian Dollar (AUD), and Philippine Peso (PHP).

2. VaR is calculated using the quote currency of US Dollar (USD). Afterwards, the
VaR obtained is converted to Philippine Peso (PHP) using the exchange rate of
49.73 PHP/USD, the exchange rate as of position date.

3. The returns in the exchange rate Ri are assumed to be normally distributed with
mean 0 and variance σ2

i .

4. The position date is November 29, 2016 and 260 logarithmic returns on FX rates
are considered. Thus, the time period considered is from November 9, 2015 to
November 29, 2016.

5. The EWMA model for volatility is considered in computing for the standard devi-
ation and covariance of the portfolio. Lambda λ is assumed to be 0.994682.

2.3 Excel Implementation

The calculation of the 1-day 99% VaR using Excel is shown below.

1. First, the FX positions and Implied FX rates (to PHP and to USD) are determined.
For consistency, the USD position is converted into PHP position since USD is
considered the quote currency for the entire portfolio. Hence, PHP is considered a
base currency.

Figure 1: FX Spot: FX Positions and Implied FX Rates

2. Next, the FX historical data is converted in terms of the quote currency USD.
Specifically, the JPY and PHP data are converted by taking their inverse to repre-
sent a quote currency of USD.

3. Afterward, for each of the base currencies, 260 logarithmic returns are computed
following

Ri,j = ln

(
qi,j
qi,j+1

)
,

where qi,j is the exchange rate for the ith base currency j days ago.
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Figure 2: FX Spot: Logarithmic Returns and EWMA Weights

At the same time, since the EWMAmodel is used for the calculation of the standard
deviation, the weights for each scenario are also calculated.

4. Using the logarithmic return and weights computed, the standard deviation for the
ith base currencies υi is calculated. This is given by

υi =

√√√√ N∑
j=1

αj ·R2
i,j.

This is calculated in Excel using the SUMPRODUCT() function. The volatilities ob-
tained are 0.00671 (JPY), 0.00438 (EUR), 0.00601 (AUD), and 0.00245 (PHP).

5. Next, the VaR for the ith base currency is obtained as

VaRi = Li · qi,0 · υi · F−1 (0.99) ,

where Li is the position in the ith base currency and qi,0 is the exchange rate today.
The undiversified VaR is then calculated by taking the sum of the VaRs.

VaRPortfolio =
n∑

i=1

VaRi.

Figure 3: FX Spot: Undiversified VaR

The 1-day 99% Undiversified VaR is then 13,156.58 USD or 654,276.92 PHP, where
the exchange rate used is 49.73 PHP/USD.

6. Afterward, the covariance matrix is calculated using the EWMA model to produce
the covariance between each pair of base currencies.

CovEWMA (Qi, Qi′) =
260∑
j=1

αj ·Ri,j ·Ri′,j.

Moreover, the position vector W = [δ1, δ2, . . . , δn] is also obtained where

δi = ωi · Li · qi,0.
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Figure 4: FX Spot: Covariance Matrix S and Position Vector W

7. Finally, the 1-day 99% Diversified VaR is calculated as

VaR = σ · F−1 (0.99) ,

where σ =
√
WSW T . The portfolio volatility is obtained to be 4,212.03 (in USD).

Hence, the diversified VaR is 9,798.64 USD or 487,286.15 PHP, where the exchange
rate used is 49.73 PHP/USD.

Figure 5: FX Spot: Diversified VaR

2.4 Results and Discussion

To summarize, the 1-day 99% undiversified VaR is 654,276.92 PHP while the 1-day 99%
diversified VaR is 487,286.15 PHP. As expected, the diversified VaR is lower than the
undiversified VaR since the former considers the correlations between the risk factors of
the assets in the portfolio. Hence, the diversified VaR has lower measured potential losses
for the portfolio.

3 VaR for Peso Fixed Income Portfolio

3.1 Conceptual Discussion

3.1.1 Single-Asset Portfolio

Consider a fixed-rate bond with principal P , annual coupon rate c compounded m times
per year, yield to maturity y compounded m times per year, and N years to maturity.
The price of the bond at issue date or any coupon date is

B =

c

m
P(

1 +
y

m

) +

c

m
P(

1 +
y

m

)2 + · · ·+

c

m
P(

1 +
y

m

)mN
+

P(
1 +

y

m

)mN

=
mN∑
i=1

c

m
P(

1 +
y

m

)i +
P(

1 +
y

m

)mN
.
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However, if the bond is priced between coupon dates, then the accrued interest for the
time period between the settlement date and the previous coupon date must be taken
into account. This amount must be paid to the previous owner of the bond for holding
the bond after the previous coupon date. The accrued interest is given by

Accrued Interest = P · c

m
· t

T
,

where t is the number of days from the previous coupon date to the settlement date and
T is number of days between the coupon dates.

Therefore, the clean price of a bond is given by

Clean Bond Price = Dirty Bond Price− Accrued Interest.

In calculating the VaR of a fixed income asset, the dirty price is considered. The dirty
price of the bond today is given by

B0 = B(y0),

where y0 is the yield to maturity today.

The dirty price of the bond tomorrow is then

B1 = B(y1),

where y1 is the yield to maturity tomorrow. B1 is unknown today since y1 is unknown.

Thus, the change in the price of the bond is

∆B = B1 −B0 = B(y1)−B(y0).

Alternatively, the change in bond price ∆B can also be approximated using the modified
duration D∗.

First, the Macaulay duration D is defined as the weighted average time until receipt
of the bond’s cash flows, where the weights are the present value of the cash flows.
Mathematically,

D =
n∑

i=1

ti
PV (ci)

B
= t1 ·

PV (c1)

B
+ t2 ·

PV (c2)

B
+ · · ·+ tn ·

PV (cn)

B
,

where ci is the ith coupon payment on payment date ti, cn is the last coupon payment
plus the bond’s principal, PV (·) is the present value function, and B is the bond price.

Thus,
PV (ci)

B
represents the weight given to time ti.

In order to derive the formula for the modified duration D∗, consider the following.
Suppose the yield to maturity is y compounded m times a year and the coupon is ci paid
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m times per year, where cn includes the principal payment. Then, the bond price is given
by

B =
mN∑
i=1

ci(
1 +

y

m

)i .

The corresponding Macaulay duration is given by

D =
mN∑
i=1

i

m
·

ci(
1 +

y

m

)i

B
.

Suppose that B is a differential function of the yield to maturity y, then the derivative
of B with respect to y is given by

dB

dy
=

mN∑
i=1

− i

m
· ci(

1 +
y

m

)i+1

= − 1(
1 +

y

m

) ·
mN∑
i=1

(
i

m

)
· ci(

1 +
y

m

)i

= − B(
1 +

y

m

) ·
mN∑
i=1

(
i

m

)
·

ci(
1 +

y

m

)i

B

= − B(
1 +

y

m

) ·D.

Let D∗ =
D(

1 +
y

m

) be the modified duration. Therefore,

dB

dy
= −BD∗.

The modified duration D∗ can be interpreted as the percentage change in the bond price

given a change in the yield. From Calculus, the partial derivative
dB

dy
can be approximated

as
∆B

∆y
when ∆y is sufficiently small. Thus, using the modified duration, the change in

the bond price ∆B can be approximated as

∆B ≈ −BD∗∆y.

Using the historical simulation approach, the 1-day 99% VaR is obtained by considering
the changes in the bond price given the historical 1-day changes in interest rates. Let
yj be the relevant interest rates j days ago, where j = 0, 1, . . . , N . Then, the one-day
change in interest rate j days ago is ∆yj = yj − yj+1. It is important to note that a
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positive change in interest rate ∆yj implies a negative change in the bond price since
higher interest rates leads to lower bond prices.

Finally, the approximate change in the bond price for the jth scenario is given by
−BD∗∆yj. Taking the absolute value of the first percentile of these approximations
gives the 1-day 99% VaR under the historical simulation approach.

3.1.2 Multi-Asset Portfolio

The Value-at-Risk of a portfolio with multiple fixed income assets can be calculated in two
ways: the undiversified VaR and the diversified VaR. The undiversified VaR is calculated
by simply adding the individual VaR amounts for each asset. Mathematically,

VaRPortfolio =
n∑

i=1

VaRi,

where VaRi is the VaR of the ith asset in the portfolio. To reiterate, this method does not
take into account the correlation of the risk factors of the different assets in the portfolio.

To calculate the diversified VaR, consider a portfolio of n fixed income assets, each with
yield to maturity yi,0 and remaining time to maturity Ti, where i = 1, 2, . . . , n. The value
of the portfolio today is the sum of the dirty prices of each bond, denoted by Bi,0.

V0 =
n∑

i=1

B (yi,0) .

The value of the portfolio tomorrow is then

V1 =
n∑

i=1

B (yi,1) ,

with yi,1 as the yield to maturity tomorrow. The value of V1 is unknown since the values
of yi,1 are unknown today.

Thus, the change in the value of the portfolio is

∆V = V1 − V0

=
n∑

i=1

B (yi,1)−B (yi,0)

=
n∑

i=1

∆Bi

≈
n∑

i=1

−BiD
∗
i∆yi,

where Bi is the price of the ith bond today, D∗
i is the modified duration of the ith bond,

and ∆yi is the change in the yield of the ith bond.
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In computing the diversified VaR using the historical simulation approach, it is assumed
that each of the ∆yi’s are uniformly distributed with values {∆yi,j}, where ∆yi,j =
yi,j − yi,j+1. Then, for each scenario j, the change in the portfolio value is

∆Vj =
n∑

i=1

−BiD
∗
i∆yi,j.

Finally, the 1-day 99% diversified VaR is obtained by taking the absolute value of the
first percentile of these approximate changes in the portfolio value.

3.2 Assumptions

The following assumptions are made in the calculation of the 1-day 99% undiversified
and diversified VaR for a fixed income portfolio:

1. The portfolio consists of two bonds: PIBL1218H283 and PIID0320D087. The first
is a zero-coupon bond while the second is a 3-year coupon-bearing bond with semi-
annual coupons. The day count conventions used are Actual/360 and European
30/360, respectively.

2. The position date for the calculation of the VaR is November 6, 2018.

3. The VaR is obtained using the historical simulation approach, the modified duration
approach, and 260 scenarios.

4. The actual daily change of interest rates is used. The yields are obtained by interpo-
lating between PDST-R2 / PHP BVAL benchmark rates nearest to the remaining
maturity of the bond.

5. The 1st percentile of the change in the value of the portfolio is calculated using the
PERCENTILE() function in Excel.

3.3 Excel Implementation

The calculation of the 1-day 99% undiversified and diversified VaR using Excel is shown
below.

1. First, the relevant information of each bond are obtained and summarized. These
include the dirty bond price, modified duration, and remaining maturity.

Figure 6: Fixed Income: Relevant Bond Information

2. From the given PDST R2 / PHP BVAL rates, the yields for the bonds are calculated
by interpolation using the FORECAST() function. Since the first bond has a maturity
of 0.8194 years, the 6-month and 1-year rates are considered. Since the second bond
has a maturity of 1.4306 years, the 1-year and 2-year rates are considered.
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3. Using the interpolated interest rates, the 1-day change in interest rates ∆yi,j =
yi,j − yi,j+1 are generated, where yi,j is the interest rate j days ago applicable to
bond i. 260 scenarios are considered.

Figure 7: Fixed Income: Interpolation of Interest Rates

4. For the jth scenario, the 1-day change in the price of ith bond is calculated using
the modified duration method, ∆Vi,j = −BiD

∗
i∆yi,j, where Bi is the dirty price of

bond i today and D∗
i is the modified duration of bond i. Lastly, for each scenario

j, the sum of the 1-day change in bond price across all assets is computed. This is
the change in the total value of the portfolio for the jth scenario.

Figure 8: Fixed Income: Change in the Value of the Portfolio

5. Finally, the 1-day 99% diversified VaR is obtained by getting the absolute value of
the first percentile of these approximations. The first percentile is obtained using
the PERCENTILE() function in Excel.

Figure 9: Fixed Income: Undiversified and Diversified VaR
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3.4 Results and Discussion

In summary, the 1-day 99% undiversified VaR is 142,387.39 PHP while the 1-day 99%
diversified VaR is 142,159.21 PHP. The undiversified VaR is obtained by simply adding
the absolute value of the first percentile of each bond considered. As expected, the
diversified VaR is less than the undiversifed VaR due to the benefits of diversification.
However, it is worth noting that the difference is not significant.

4 VaR and TVaR for FX Forward

4.1 Conceptual Discussion

Consider the base currency Cb, the quote currency Cq, and St the exchange rate at time
t from Cb to Cq, i.e., one unit of Cb is worth St units of Cq. Additionally, let rb,t be the
simple zero rate (money market interest rate) in currency Cb with tenor T − t, and rq,t
be the simple zero rate (money market interest rate) in currency Cq with tenor T − t. In
a foreign exchange forward, the long position party agrees to buy the base currency, in
terms of the quote currency, for the forward exchange rate F0 at the delivery date t = T ,
where F0 is determined at deal date t = 0. The forward exchange rate Ft at time t from
the base currency Cb to the quote currency Cq is given by

Ft = St ·
1 + rq,t (T − t)

1 + rb,t (T − t)
.

This equation is also referred to as the interest rate parity which relates exchange rates
and interest rates.

The value of the FX forward contract at time t to the party with long position is

Vt =
Ft −K

1 + rq,t (T − t)
· Lb,

where K is the contract forward rate fixed at time t = 0, Lb is the principal amount in
the base currency, and rq,t is the interest rate in currency Cq at time t. A positive value
for Vt indicates a gain for the party with long position, while a negative value indicates
a loss for the party with long position.

The value of the FX forward contract at time t+1 to party with the long position is then

Vt+1 =
Ft+1 −K

1 + rq,t+1 (T − (t+ 1))
· Lb,

Thus, the change in the value of the FX forward contract is

∆V = Vt+1 − Vt.

Similar to the previous sections, the 1-day 99% VaR of an FX forward contract, denoted
as |X|, is the value X such that

P (∆V ≥ X) = 0.99.
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In addition, the Tail Value-at-Risk (TVaR) at (100c)% confidence level is the expected
loss given that the loss exceeds the (100c)% VaR. Suppose |X| is the VaR, then the TVaR
is computed as

TVaRc = E [∆V |∆V < X] .

For consistency, the VaR and TVaR are reported as positive quantities.

4.1.1 Historical Simulation Approach

Using the historical simulation approach, the 1-day 99% VaR is calculated using the
historical values of the forward rates {Ft+1,j} and money market rates {rq,t+1,j}, where
j = 1, 2, . . . , N . The possible values for Vt+1 are first generated following

Vt+1,j =
Ft+1,j −K

1 + rq,t+1,j (T − (t+ 1))
· Lb.

Afterward, the one-day change in the value of the FX forward contract is calculated using
∆Vj = Vt+1,j − Vt,0, where Vt,0 is the value of the FX forward contract today.

The 1-day 99% VaR is then taken as the absolute value of the first percentile of these
one-day changes. Moreover, the 1-day 99% TVaR is calculated by getting the absolute
value of the mean of the observations smaller than the VaR.

4.1.2 BRW Approach

The BRW approach, based on the work of J. Boudoukh, M.P. Richardson, and R.
Whitelaw, is a modification of the historical simulation approach for calculating VaR.
First, scenarios for the one-day change in the value of the FX forward contract are
obtained the same way as the historical simulation approach. However, more recent his-
torical data are given higher weights rather than having equal weights.

Suppose the change in the value of the FX forward contract under scenario j is denoted
by ∆Vj = Vt+1,j − Vt,0, where Vt+1,j is the value of the contract tomorrow based on the
market rates j days ago and Vt,0 is the value of the contract today. The most recent
change in the value of the contract ∆V1 is assigned the highest probability

p =
1− λ

1− λN
,

where λ ∈ (0, 1) is the decay factor. In general, ∆Vj is assigned the probability of pλj−1,
where this probability decreases as j increases since λ < 1, giving higher weights for the
more recent historical data.

Moreover, using the formula for the sum of a finite geometric series,

1 + λ+ λ2 + · · ·+ λN−1 =
1− λN

1− λ
,
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the sum of the weights pλj−1 is equal to 1.

N∑
j=1

pλj−1 = p
(
1 + λ+ λ2 + ...+ λN−1

)
= p

(
1− λN

1− λ

)
=

(
1− λ

1− λN

)(
1− λN

1− λ

)
= 1.

In calculating the 1-day 99% VaR, suppose the resulting (increasing) order of the values
of ∆Vj is

{∆Vj1 ,∆Vj2 , · · · , VjN} ,

where ∆Vjk < ∆Vjk′
when k < k′. Then, the cumulative distribution function F (·) is

defined as

F (∆Vjm) =
m∑
k=1

pλjk−1.

Suppose ∆Vjn+1 is the largest value such that

1− F
(
∆Vjn+1

)
< 0.99 < 1− F (∆Vjn) .

Then, the 1-day 99% VaR using the BRW approach is obtained by interpolating between
∆Vjn and ∆Vjn+1 , where the x-coordinates are 1− F (∆Vjn) and 1− F

(
∆Vjn+1

)
, respec-

tively. Moreover, the 1-day 99% TVaR is calculated by getting the absolute value of
the weighted average of the observations smaller than the VaR, where the weights are
proportional to the corresponding BRW probabilities.

4.2 Assumptions

The following assumptions are made in the calculation of the 1-day 99% VaR for an FX
forward contract:

1. The base currency is EUR while the quote currency is USD. The deal date of the
contract was April 25, 2016 and its delivery date is October 25, 2016. At deal date,
the parties agreed to exchange 1 million EUR for 1,138,500 USD on the delivery
date.

2. The date today is June 30, 2016 and the USD/PHP rate is 47.06.

3. An Actual/360 day count convention is used throughout the calculations. The rele-
vant interest rates are interpolated from the US LIBOR and EURIBOR benchmark
rates using the FORECAST() function.

4. The VaR and TVaR calculations are for the party buying the base currency and
260 scenarios are considered. The VaR and TVaR are calculated in USD and later
converted to PHP. The BRW approach uses a lambda of λ = 99.1%
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4.3 Excel Implementation

The calculation of the 1-day 99% VaR using Excel is shown below.

1. First, using information on the FX forward contract, the contract forward rate K
is determined.

Figure 10: FX Forward: Contract Information

2. Afterward, the relevant dates are identified and their corresponding number of days
from today and tomorrow are calculated.

Figure 11: FX Forward: Relevant Dates

3. Next, the relevant US LIBOR and EURIBOR rates and tenors are identified and
the forward rate today is calculated. The market value of the contract today is also
calculated.

Figure 12: FX Forward: Market Value Today

4. Then, the change in the market value of the contract tomorrow is calculated. First,
using the 3M and 6M US LIBOR and EURIBOR rates and the FX spot rates today,
the 3M and 6M US LIBOR and EURIBOR rates and the FX spot rates tomorrow
are obtained. Using the interest rate parity, the 3M and 6M forward rates obtained.
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Figure 13: FX Forward: Interest Rates and Forward Rates Changes

Afterward, using the generated data, the 116-day forward rates and 116-day US LI-
BOR rates are by interpolating between the 3M and 6M rates using the FORECAST()
function. Finally, the market value of the contract tomorrow is obtained as well as
the change in the market value tomorrow.

Figure 14: FX Forward: Market Value Tomorrow

5. For the historical simulation approach, the first, second, and third smallest values
of ∆Vj are determined using the SMALL() function. Then, the 1-day 99% VaR in
USD is computed by interpolating between the second and third smallest value of
∆Vj. The 1-day 99% TVaR in USD is obtained by taking the average of the first
and second smallest values of ∆Vj. Lastly, the VaR and TVaR are also reported in
PHP using the rate 47.06 USD/PHP.

Figure 15: FX Forward: VaR and TVaR (Historical Simulation Approach)

6. Finally, the VaR and TVaR is also calculated using the BRW approach. With
λ = 99.1%, p is calculated to be 0.009948187 and each scenario is assigned their
corresponding probabilities pλj−1 with the most recent data having the highest
probability.

Then, ∆Vj are sorted in ascending order, i.e., from the largest loss to the largest
gain. With the values sorted in ascending order, the cumulative probability for
each scenario is calculated. The 1-cumulative probability for each scenario is also
calculated. Then, the scenario where the 1-cumulative probability first decreases
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below 99% is determined.

Figure 16: FX Forward: BRW Approach Calculations

Finally, the 1-day 99% VaR using the BRW approach is computed by interpolating
between the ∆Vj that corresponds to the 99% 1-cumulative probability. The 1-day
99% TVaR using the BRW approach is obtained by taking the weighted average of
the ∆Vj that have a 1-cumulative probability greater than 99%. Lastly, the VaR
and TVaR are reported in PHP using the rate 47.06 USD/PHP.

Figure 17: FX Forward: VaR and TVaR (BRW Approach)

4.4 Results and Discussion

The 1-day 99% VaR and TVaR for the FX forward contract is obtained using the historical
simulation approach and the BRW approach. On the one hand, using the historical
simulation approach, the VaR is 2,505,343.32 PHP and the TVaR is 2,685,561.56 PHP.
On the other hand, the BRW approach gives a VaR of 2,395,629.42 PHP and the TVaR
is 2,538,210.01 PHP. It can be observed that the values for VaR and TVaR using the two
approaches differ significantly. However, neither approach is better than the other.
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